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• We reveal a fundamental law of directional transport of molecular mass by straining.
• Directional transport of molecular mass is programmable by devising straining scheme.
• Generally applicable to a wide range of molecular mass and platform materials.
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a b s t r a c t

Directional transport ofmolecularmass is essential in enabling desirable functions in nano-
devices, but is often challenging to achieve. In this letter, we combine theoretical analysis
and molecular simulations to demonstrate a facile mechanism of directional transport of
molecular mass on graphene by a simple stretch. We reveal that stretch-induced strain
gradient in graphene leads to a net transport force that is sufficient to drivemolecular cargo
on the graphene in a directional fashion. The large elastic deformability of graphene and the
van Der Waals nature of the transport force allow for programmable directional transport
of various types of molecular cargo (e.g., graphene flake, carbon nanotube, fullerene, and
gold nanoparticle) under the samemechanism. The present findings suggest a fundamental
law of directional transport of molecular mass by straining.

© 2014 Elsevier Ltd. All rights reserved.

1. Introduction

Directional transport of molecular mass is of great im-
portance in designing novel molecular devices and ma-
chines, and has a wide range of potential applications in
fields such as micro/nanofluids and nanorobotics and na-
noelectromechanical systems [1–6]. External mechanical,
electrical or magnetic excitations have been shown to in-
duce directional motion of molecular mass [2,7–10]. For
example, an excited vibrating carbon nanotube cantilever
can act as an efficient and simple nanopump [7]. The pres-
ence of a gradient in a potential field can also cause direc-
tional motion of molecular mass, mimicking the fact that
in macroscopic regime objects tend to fall toward lower
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gravity potential direction. For example, thermal gradi-
ent has been experimentally and theoretically studied on
its role of enabling fullerene, graphene flakes, and other
molecular cargos tomigrate toward lower temperature re-
gion on a graphene surface [3,11–13]. Surface chemical
gradient, surface tension gradient, surface structural-scale
gradient have been demonstrated to be effective to trans-
portwater droplet [14–17]. It has been theoretically shown
that controlled variations of the intensity or phase of a
DC/AC electric field can pump water molecules through
carbon nanotubes [18,19]. The above transport mecha-
nisms ofmolecularmass, however, suffer from either com-
plicated multi-physics actuation scheme, or lack of active
control of the transport direction. A facile mechanism of
directional transport of molecular mass is still highly de-
sirable.

Introducing strain in graphene by wrinkling [20–22],
folding [23–25] and functionalization [26–31] in a pro-
grammable fashion have received enormous attention

http://dx.doi.org/10.1016/j.eml.2014.12.006
2352-4316/© 2014 Elsevier Ltd. All rights reserved.



Author's personal copy

84 Y. Huang et al. / Extreme Mechanics Letters 1 (2014) 83–89

ba

dc

Fig. 1. (a) Schematic showing a net force FvdW acting on an atom (red dot) positioned above on a basal graphene subject to a strain gradient. (b) FvdW as a
function of position along y direction for various lengths of basal graphene and strain gradients. (c) Molecular mechanics model of a round graphene flake
on a basal graphene subject to a strain gradient to compute the overall net force Ftransport acting on the graphene flake, which is plotted as a function of
position along y direction for various strain gradients (d).

largely due to the need to actively control the electronic
and structural properties of graphene [32–38]. Neverthe-
less few efforts have been made to explore the effect of
straining graphene on directional transport of molecu-
lar mass. In this Letter, through theoretical modeling and
molecular dynamics simulations, we show that a strain
gradient in graphene can generate a net transport force on
amolecular cargo on the graphene that is sufficient to drive
the motion of the molecular cargo in a controlled direc-
tion. Given the high elastic deformability of graphene and
the facile reversibility of applied straining, programmable
transport of molecular mass on graphene can be achieved.
The net transport force is essentially van der Waals (vdW)
type, therefore such a transport mechanism can be appli-
cable to transport awide range ofmolecular cargos. Results
from the present study can potentially offer a fundamental
lawof directional transport ofmolecularmass by straining.

2. Net transport force on molecular mass induced by a
strain gradient in graphene

For an atom positioned above a pristine graphene, the
total interaction force between the atom and the graphene
can be determined by summing up all atomic-pair po-
tentials between the atom and all carbon atoms in the

graphene. Such a potential for an atomic pair of distance r
due to vdW force is usually represented by a Lennard-Jones
6–12 potential, V (r) = 4ϵ


σ 12

r12
−

σ 6

r6


, where 6√2σ is the

equilibrium distance between atoms and ϵ is the bond en-
ergy at the equilibrium distance. Due to the symmetry of
graphene lattice, such a total interaction force zeros out
when the atom is positioned with a separation distance
from graphene of h =

6√2σ . As a result, the atom reaches
equilibrium and does not move in a preferred direction. By
contrast, when the basal graphene is subject to a strain gra-
dient, the graphene lattice symmetry is broken; there ex-
ists a net force acting on the atom, essentially due to the
uneven distribution of the carbon atoms in the graphene,
as to be detailed below.

Consider a rectangular basal graphene of length L,
subject to uniaxial in-plane tension perpendicular to its
length direction (Fig. 1(a)). The applied tension linearly
decreases from emax at one end to zero at the other end
of the graphene. In other words, the graphene is subject
to a strain gradient of emax/L. An atom is positioned above
the graphene with a separation distance of h. In order
to establish a semi-continuum cohesive law between the
atom and the graphene, we homogenize carbon atoms in
the graphene and represent themby an area densityρs. The
cohesive energy Φ between the atom and the graphene is
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therefore given by [21,39].

Φ =


V (r) ρsdxdy = 4ϵρsπ


σ 12

5h10
−

σ 6

2h4


. (1)

The relation between the area density ρs of deformed
graphene under strain (exey) and the area density ρ0 of
pristine graphene is given by

ρs =
ρ0

1 + ex + ey + exey
∼=

ρ0

1 + ex + ey
. (2)

Given the uniaxial tension, ey = −νex, where ν is the
Poisson’s ratio. This leads to

Φ =
4ϵρ0π

1 + (1 − v) ex


σ 12

5h10
−

σ 6

2h4


. (3)

A net force acting on the atom from the deformed graphene
is then given by

FvdW = −
dΦ
dy

=
4ϵρ0π

(1 + (1 − v) ex)2


σ 12

5h10
−

σ 6

2h4


(1 − v)

dex
dy

. (4)

Assuming a linear distribution of uniaxial tension in the
graphene, so that

ex =


1 −

y
L


emax. (5)

At the equilibrium separation distance, h =
6√2σ .

Therefore,

FvdW =

4
5ϵρ0πh2

1 + (1 − v)

1 −

y
L


emax

2 (1 − v)
emax

L
(6)

Fig. 1(b) plots FvdW as a function of the location of the atom
along y direction, for various lengths of basal graphene
(20 nm, 40 nm, and 60 nm, respectively) and emax (10% and
20%, respectively). Here ϵ = 0.00284 eV, h = 0.34 nm,
ρ0 =

4
3
√
3l20

, l0 = 0.142 nm, which are representative

for carbon–carbon vdW interaction. Fig. 1(b) shows that
there exists a net force FvdW acting on a carbon atom above
a basal graphene subject to a strain gradient, pointing to
the decreasing strain direction. In general, a higher strain
gradient in the basal graphene (e.g., larger emax for a fixed
L, or shorter L for a fixed emax) leads to a larger net force.
Similarly, for a given emax, a shorter basal graphene (thus
a higher strain gradient) causes a larger net force. FvdW
also increases slightly as the location of the atom moves
toward the decreasing strain direction. Given that the na-
ture of vdW type interaction, it is expected that such a net
force also exists for an atom of different type above a basal
graphene subject to a strain gradient.

When a molecular cargo is positioned on a basal
graphene under a strain gradient, an overall transport
force Ftransport , acting on the cargo and pointing toward
the decreasing strain direction, exists and can be com-
puted by summing up all net force acting FvdW on indi-
vidual atoms in the molecular cargo. To verify the above
theoretical consideration, we next perform molecular me-
chanics simulations to compute Ftransport acting on a round

graphene flake with a diameter of 2.3 nm above a basal
graphene of 30 nm by 30 nm subject to a strain gradient,
as shown in Fig. 1(c). With the center of mass of the round
graphene flake being hold in the equilibrium position to
the basal graphene, energy minimization is performed
using large-scale atomic/molecularmassively parallel sim-
ulator (LAMMPS) [40], in which the carbon material struc-
ture is described by the adaptive intermolecular reactive
empirical bond order (AIREBO) potential [41]. Ftransport act-
ing on the graphene flake is computed by summing all car-
bon–carbon atomic pair potentials between the graphene
flake and basal graphene. Fig. 1(d) plots Ftransport as a func-
tion of flake position along y direction for various strain
gradients in the basal graphene. A higher strain gradient in
the basal graphene leads to a larger overall transport force
Ftransport acting on the graphene flake. Ftransport also slightly
increases as the graphene flake is positioned further along
the decreasing strain direction. The molecular mechanics
simulation results in Fig. 1(d) are in linewith the prediction
from the theoretical mechanics model in Fig. 1(a), validat-
ing the underlying mechanism of directional transport of
molecular mass on graphene via straining. As to be further
shown by themolecular dynamics (MD) simulations in the
next section, the overall transport force Ftransport acting on
amolecular cargo is sufficient to drive the cargo tomove in
a controllable fashion on the basal graphene at room tem-
perature.

3. Directional transport ofmolecularmass on graphene
by straining

In this section, we use MD simulations to demonstrate
directional transport of various types ofmolecularmass on
a basal graphene by programming the applied strain gra-
dient. All MD simulations are performed using LAMMPS,
with the temperature kept at 300 K using canonical en-
semble. All carbon material structure is described by the
AIREBO potential.

Fig. 2 demonstrates directional transport of a round
graphene flake of 2.25 nm in diameter on a graphene
nanoribbon (GNR) of 30 nm by 4 nm. Under a strain
gradientwith emax = 15%, the net transport force acting on
the round graphene flake drives it to start moving toward
the decreasing strain direction on the GNR, and reaches the
center of the ribbon at 168 ps and the end of the ribbon at
236 ps. The accelerating fashion of the transport process
agrees with the steady driving force predicted in Fig. 1(d).
Due to the trapping effect of the graphene [42], the round
graphene flake bounces back once hitting the zero-strain
end of the GNR. The net driving force due to strain gradient
further causes the graphene flake to approach the zero-
strain end again, arriving with a lower velocity. Eventually
the round graphene flake stabilizes around the zero-strain
end of the GNR. Upon reversing the direction of strain
gradient (with the same amplitude) in the GNR, the net
transport force acting on the graphene flake can overcome
the trapping effect of the now higher-strain end of the
GNR, starting to move in the opposite direction. Once the
graphene flake is away from the end of the GNR, the steady
net transport force drives it to move in an accelerating
fashion. The graphene flake eventually stabilizes at the
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Fig. 2. Snapshots of MD simulations of programmable directional transport of a round graphene flake (green) on a graphene nanoribbon (GNR) by
controlling the strain gradient in the GNR. See Supplementary Materials for a simulation video of the transport process (Appendix A).
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Fig. 3. MD simulations on directional transport of a CNT on a GNR subject to a strain gradient. (a) Schematic of simulation model and applied strain
gradient. (b) Snapshots of the transport process of the CNT toward decreasing strain direction. Several rows of carbon atoms in the CNT are shaded in blue
to reveal the CNT rolling on the GNR (see SupplementaryMaterials for a simulation video, Appendix A), resulting from a net torque due to unbalanced vdW
attraction in vertical direction acting on the CNT (c). (d)–(g) Transport distance of the CNT as a function of simulation time for various emax and combinations
of chirality of the CNT (by its edges) and the GNR (by its longer edges).

zero-strain end of the GNR under the interplay of net
transport force and edge trapping effect of graphene. The
above simulation case demonstrates that programmable
directional transport of molecularmass can be achieved by
devising the strain gradient profile in the basal graphene.

Fig. 3 demonstrates directional transport of a carbon
nanotube (CNT) on a GNR subject to a strain gradient. A
(36, 0) CNT with 2.8 nm in length is positioned at one end
of a GNR of 3 nm by 30 nm (Fig. 3(a)). The net transport
force on the CNT due to a strain gradient in the GNR with
emax = 15% causes the CNT to migrate on the GNR toward
the decreasing strain direction (Fig. 3(b)). By highlighting
several rows of carbon atoms in the CNT, it is found that
the transport process is achieved by a mixing of sliding
and rolling of the CNT on the GNR (see Supplementary
Materials for a simulation video, Appendix A). While the

sliding of the CNTon theGNR results from thenet transport
force pointing to the decreasing strain direction, the rolling
of the CNT can be understood as following: The vdW
interaction between the CNT and the GNR causes the
deformation of the CNT cross-section into a shape with
a flat portion in direct contact with the GNR (with an
interlayer distance close to that of a graphene bilayer) and
the rest curving portion due to the bending rigidity of the
CNT cross-section. Away from the equilibrium interlayer
distance, the curving portion of the CNT is subject to a
vdW attraction from the GNR in the vertical direction. Due
to strain-gradient-induced difference in area density of
carbon atoms in the GNR (e.g., Eq. (2)), the overall vdW
attraction in the vertical direction acting on the half of the
CNT at the lower strain side is greater than that at the
higher strain side, as illustrated in Fig. 3(c), leading to a net
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a b

Fig. 4. Molecular dynamics simulations on the directional motion of multiple cargos on a graphene nanoribbon subject to strain gradient (a) a gold
nanoparticle on a round graphene flake. (b) Four C60 molecules housed in a carbon nanotube.

torque that drives the CNT to roll on the GNR toward the
decreasing strain direction.

Further simulations (Fig. 3(d)–(g)) show that the strain-
gradient-driven transport of a CNT on a GNR can be effec-
tively achieved for various combinations of CNT and GNR
chirality. Given the limiting cases in terms of chirality com-
binations in Fig. 3(d)–(g), the strain-gradient-driven trans-
port mechanism of CNT on GNR is expected to be robust.
Also as shown in Fig. 3(d)–(g), the higher the strain gra-
dient in the GNR (i.e., higher emax for a fixed GNR length),
the faster the transport process, which can be readily ac-
counted to the higher transport force as predicted in Sec-
tion 2 (e.g., Fig. 1(d)).

Fig. 4 further demonstrates that a graphene flake or a
CNT can be used as a vehicle to shuttle other molecular
cargo on a GNR under the same mechanism. As shown in
Fig. 4(a), a gold nanoparticle with a radius of 1 nm is placed
on a round graphene flake with a radius of 1.3 nm sitting
on a GNR subject to a strain gradient with emax = 10%. In
the simulations, the gold atoms are described by the em-
bedded atom method (EAM) potential [43], and the vdW
interaction between a gold atom and a carbon atom is
modeled by Lennard-Jones 6–12 potential, in which [44]
ϵAu–C = 0.0127 eV, σAu–C = 0.2994 nm, indicating amuch
stronger interaction between the gold nanoparticle and the
round graphene flake than that between the flake and the
GNR. The transport force due to strain gradient in the GNR
drives the graphene flake to move toward the decreas-
ing strain direction. With the graphene flake moving away
from its equilibrium location with the gold nanoparticle,
the vdW interaction between them becomes attractive. As
a result, the gold nanoparticle is pulled by the graphene
flake to start to move toward the decreasing strain direc-
tion, while the gold nanoparticle is dragged by the gold
nanoparticle to first slow down until stop and then start
to move toward the opposite direction. Once the graphene
flake moves behind the gold nanoparticle, the vdW inter-
action between them first slows down the graphene flake
to stop and then further drives the flake to move toward
the decreasing strain direction again. The above interplay
between the graphene flake and the GNR and that be-
tween the flake and the gold nanoparticle, on one hand,
lead to the overall motion of the cargo (gold)-loaded ve-
hicle (graphene flake) toward the decreasing strain direc-
tion; and on the other hand, due to the much larger mass
(thus the inertia) of the gold nanoparticle than that of the
graphene flake (7.85 × 10−20 g vs. 0.40 × 10−20 g), the
graphene flake also oscillates locally back and forth with

respect to the gold nanoparticle (see Supplementary Ma-
terials for a simulation video, Appendix A). Fig. 4(b) fur-
ther shows that a CNT can serve as a vehicle to carry four
fullerene (C60) molecules and shuttle them along a GNR
subject to a strain gradient with emax = 10%, in a sim-
ilar fashion as shown in Fig. 3. With cargo (C60) loaded,
the CNT has a larger flat portion than that in Fig. 3, lead-
ing to a transport process with more sliding than rolling of
the CNT. Nonetheless, simulations in Fig. 4 clearly demon-
strates that the strain-gradient-driven transport mecha-
nism can be applicable to achieve directional motion of
various type ofmolecularmass in a programmable fashion.

4. Concluding remarks on strain gradient induced
actuation and potential application

The underlying mechanism of strain gradient induced
net vdW force is due to the unbalanced atom density in
graphene caused by non-uniform strain field. When lo-
cal strain is lower, the atom density is higher; when lo-
cal strain is higher, the atom density is lower. Since the
vdW force is directly proportional to the atom density,
therefore when a graphene surface has a strain gradient, a
non-zero net vdW force is expected. Our proposed mech-
anism can be feasibly extended to design other potential
directional motion actuation scheme. For example, two
graphene planes forming a channel has been proposed as
nanofluid channels [45–48]. As a simple demonstration for
such application,we show that strain engineered graphene
nanochannel can offer intrinsic actuation force that can
potentially pump the molecules moving from one end of
the channel to another. Fig. 5(a) shows the morphology of
graphene nanochannel with a C60 molecule located at the
top end. MD simulation is done in 300 K by NVT ensem-
ble. Fig. 5(b) shows the trajectory of the C60 molecule. The
C60 molecule tends to move downwards but also with a
horizontal velocity. At 73 ps, C60 molecule hits the bound-
ary of the nanochannel. Experiencing a large vdW net
force at the edge [42], C60 molecule bounces back but still
moves downwards. At 100 ps, C60 molecule reaches the
bottom end and bounces back a shorter distance and then
moves downwards again. After several cycles of bouncing
upwards and accelerating downwards, eventually the C60
molecule is secured at the bottom end of the channel. Such
bouncing feature until stabilizing at the bottom, which is
analogous to the behavior of a football after being dropped
onto the ground in gravity field, strongly suggests that
a considerable net vdW force is acting toward the lower
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a b

Fig. 5. Molecular dynamics simulations on pumping effect induced by strain engineered graphene nanochannel. (a) Top view and side view of the
morphology of a C60 molecule located near the top end of a strain engineered graphene nanochannel at 0 ps. The maximum applied strain is 15%. (b)
The trajectory of C60 molecule. For visual clarity, the top graphene layer is not shown.

strain end, indicating a promising solution for the actua-
tion of nanofluids in graphene nanochannels. Thereforewe
envision that our proposed strain gradient actuationmech-
anism can open a new pathway for nanoscale actuation.

In reality, graphene may contain defects, such as grain
boundaries and cracks, which will in turn affect the de-
formability of graphene, as demonstrated in recent stud-
ies [49]. Furthermore, such defects in graphene could also
serve as energy barriers for molecular mass transport [42].
In this sense, graphene with defects is analogous to a path-
way with bumps and puddles. Therefore, it is desirable
to have high-quality single-crystal graphene as the plat-
form for molecular mass transport. Recently experimen-
tal demonstrations of synthesis of large-area single-crystal
monolayer are emerging [50], which further suggests the
feasibility of the mechanism of directional transport of
molecular mass revealed by the present study.

In summary, by combining theoretical analysis and
molecular simulations, we demonstrate that a strain gra-
dient in graphene can actuate the directional motion of
graphene flakes, carbon nanotubes on its surface. We fur-
ther demonstrate that flakes and nanotubes can serve as
vehicles to transport other cargos. Our proposed strain
gradient actuation mechanism can be readily applied to
other application scenarios. More comprehensive model-
ing studies are needed to reveal such new features as well
as the effect of temperature, number of basal graphene lay-
ers and friction on the transport efficiency. The timescale
of the molecular cargo transport is largely affected by the
applied strain gradient. As the maximum tensile strain
can be applied is limited by the deformability of the basal
graphene, the longer the transport path, the smaller the
strain gradient, thus the lower the driving force and the
slower the transport process. Such a limitation can be mit-
igated by employing multiple acceleration zones along the
path of molecular cargo transport. We therefore call for
further systematic simulations and experiments to explore
those fertile opportunities.
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