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Understanding the tensile strength of graphene grain boundaries (GBs) is crucial for correlating the
mechanical properties of two dimensional polycrystalline graphene with its atomic defect structure, a
key to the success of large area graphene in many promising applications. Existing modeling studies
mainly focus on the deformation and fracture of graphene GBs under tension that is perpendicular to the
GBs. In reality, however, when a polycrystalline graphene is subject to a simple tension, random distribution of GBs in the graphene leads to arbitrary in-plane loading conditions of the GBs that cannot be
fully understood with existing knowledge. To this end, we carry out systematic molecular dynamics (MD)
simulations and also delineate a continuum mechanics model to investigate the failure strength of
graphene GBs under tension in all possible loading directions. Particular focus is placed on quantitatively
deciphering the interplay between GB misorientation angle and loading angle, and their effects on the
failure strength of graphene GBs. Prediction from the continuum mechanics model based on a disclination dipole theory agrees well with the results from MD simulations. In this sense, the present study
offers important insights on a better understanding of the mechanical properties of large area polycrystalline graphene.
© 2018 Elsevier Ltd. All rights reserved.

1. Introduction
The widespread use of graphene-based devices and materials
[1e4] relies on mass production of large area graphene. Chemical
vapor deposition (CVD) has been shown to be a facile approach to
growing large area monolayer graphene [5e8]. In such a growth
process, individual graphene crystals ﬁrst nucleate on individual
grains of a metallic substrate, with random crystalline orientation,
then grow until meeting and coalescing with neighboring crystals.
Therefore the resulting CVD-grown graphene is polycrystalline [9],
with misaligned boundaries between neighboring graphene grains.
Such graphene grain boundaries (GBs) are essentially line defects
(e.g., often in the form of strings of pentagon-heptagon edge dislocations [10e13], and play important roles on the mechanical
[14e17], thermal [18,19], electrical properties [20e22] of the
resulting polycrystalline graphene. For example, it has been shown
that, the strength of graphene with large-angle GBs (more misoriented) are even higher than that of graphene with low-angle GBs,
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an anomalous feature distinct from GBs in typical materials [23].
Further studies have shown that, in addition to the defect densities
[24e26], the nature of arrangement of the GB defects also plays a
key role in either strengthening or weakening graphene
[17,27e34]. A better understanding of the graphene GB enables
defect engineering to modulate mechanical properties such as
strength [35e40], fracture toughness [41e45], wrinkling [46], crack
formation [47e49] and mechanical mutability [50].
The exceptional intrinsic mechanical and electronic properties
of graphene motivate the development of graphene-based high
performance electronic devices with superb mechanical deformability and durability, such as ﬂexible and stretchable electronics
[51e53]. Enthusiasm aside, the existing knowledge of the mechanics of GBs in graphene falls short in offering a comprehensive
understanding of the mechanical properties of polycrystalline
graphene. For example, when an electrode made of polycrystalline
graphene in a stretchable electronic device is subject to uniaxial
tension, the GBs in the polycrystalline graphene is indeed subject to
in-plane tension in various directions, given the random orientation of GBs. However, most existing investigations on the strength
of graphene GB only consider a tensile loading applied either
perpendicular or parallel to the GB [23,54e58]. Findings from such
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investigations shed light on the strength of graphene GBs but fall
short in predicting the deformation behavior and failure mechanism of a polycrystalline graphene in practical applications. Aiming
to ﬁll such a knowledge gap on the strength of graphene GBs, here
we present a comprehensive study of the strength of graphene GBs
under arbitrary in-plane tension, using both a modiﬁed continuum
model and molecular dynamics simulations. The rest of the paper is
organized as follows. Section 2 describes the atomistic conﬁgurations of graphene tilt GB in full spectrum of the misorientation
angle. Section 3 reports a comprehensive molecular dynamics (MD)
study of the failure mode and failure strength of all graphene tilt
GBs deﬁned in Section 2 under arbitrary in-plane tension. Section 4
delineates a continuum mechanics model based on disclination
dipole theory to predict GB strength, the results from which are
compared with those from MD simulations in Section 5. Major
ﬁndings of the present study are summarized in Section 6.
2. Conﬁgurations of graphene tilt GB
We consider a graphene tilt GB formed between two single
crystalline graphene grains with a misorientation angle q (Fig. 1a),
subject to an in-plane tension with a loading angle f as deﬁned in
Fig. 1b.
We study the strength of such a tilt GB under arbitrary in-plane
tension, ranging from f ¼ 0 (perpendicular to GB) to 90 (parallel
to GB). Fig. 2 plots all possible graphene GB conﬁgurations (in total
of 24) with a misorientation angle ranging from 2.1 to 54.3 .
Depending on the structural features, the 24 GB conﬁgurations can
be grouped into three categories. For the range of misorientation
angle q from 2.1 to 21.8 , the GB features a periodic array of disclination dipoles (1dp) made of a pentagon-heptagon defect or
dipole clusters (made of 2 or 3 dipoles, e.g., 2dp, 3dp) (Fig. 2a). GBs
in this category are termed as armchair oriented GBs (AC GBs). For
the range of q from 32.2 to 54.3 , the GB features a periodic array of
disclination clusters made of a pentagon-heptagon-pentagonheptagon defect (Fig. 2c). GBs in this category are termed as
zigzag oriented GBs (ZZ GBs). For the intermediate range of
misorientation angle from 23.3 to 30.2 , the GBs show mixed
features of AC and ZZ GBs, termed as transition GBs.
3. Molecular dynamics study of the strength of AC and ZZ GBs
of graphene
We use the Large-scale Atomic/Molecular Massively Parallel
Simulator (LAMMPS) [60] for the MD study of the strength of graphene GBs. The size of the simulation model, on one hand, needs to
be large enough to contain enough defects along the GB, and on the
other hand, needs to be suitable so that parametric studies of GB
properties are not computation time prohibitive. For such
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considerations, in all simulations, the polycrystalline graphene is in
a size of 120 Å  120 Å. While ﬁxing the x, y, and z displacement of
atoms in a small section of the sheet in the lower left corner of the
sheet, and also ﬁxing the displacement of atoms in a narrow strip of
the entire left and right boundary in the x and z directions, the
entire structure is energy minimized, allowing the structure to
relax to its lowest energy state and ensuring stable bonding among
all the atoms. From there an assigned displacement is incrementally applied to one end of the graphene sheet with a strain rate of
5  108/second until tensile fracture occurs while the other end is
ﬁxed. We adopt the adaptive intermolecular reactive bond order
(AIREBO) potential [61] to model the interaction of the carbon
atoms and their bond breaking and formation. This potential has
been used extensively [10,17,23,24,27,54,58,62,63] to study GBs in
graphene since it matches well with ﬁrst principle calculations and
experimental results. Following [23,24], we adopt a carbonecarbon
covalent interaction cutoff distance of 1.92 Å to avoid spuriously
high failure strengths. A Berendsen thermostat with a velocityVerlet time stepping scheme is used in the simulations and the
structure is initialized at a temperature of 300K. The time step is
0.001ps. Virial stresses for each atom are calculated. For each GB
conﬁguration, we simulate its tensile failure under 12 different
loading angles, namely, 0 , 10 , 20 , 25 , 30 , 40 , 45 , 50 , 60 , 70 ,
80 , and 90 . For each of the 24 GB conﬁgurations and each of the
12 loading angles, 10 simulation cases are carried out and the mean
and standard deviation of the GB tensile strength are obtained. In
total, 2880 simulation cases are carried out, yielding the results as
follows.
Serpentine GBs have been observed in experiments [40], but the
atomic structure for this study are only for one ideal straight GB
between two grains. There are many methods that can be used to
determine the atomic structure of GBs such as phase-ﬁeld crystal
(PFC) modeling [64,65], the coincidence site lattice (CSL) method
[66], density functional theory (DFT) calculations [38,62,66], forceﬁeld calculations [66], and another method like CSL using Moire'
patterns [28]. Studies on straight GBs produce similar atomic GB
arrangements where the defect density increases as q increases to
~30 , then the defect density decreases as it goes to 60 . For this
study, points representing atoms were arranged into approximately
the atomic conﬁguration shown in Fig. 2 using Matlab. These
atomic arrangements were chosen because they were the most
commonly seen in previous studies [10,23,24,27,38,59,67]. Then an
energy minimization of the system was performed using LAMMPS
to determine the initial state of the sheets by iteratively adjusting
atom coordinates, which also allowed the structure to buckle in the
z direction to ﬁnd its lowest energy state. The minimization style
used was the Polak-Ribiere version of the conjugate gradient (CG)
algorithm for 40,000 iterations. Non-periodic boundary conditions
were used on all sides. One study using PFC [64] produced GBs

Fig. 1. A schematic of 2 grains showing a) GB misorientation angle (q) and the b) tensile loading angle (f). (A colour version of this ﬁgure can be viewed online.)
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Fig. 2. The plots of possible tilt GB conﬁgurations (24 in total), showing (a) the armchair (AC) GBs with a misorientation angle (q) ranging from 2.1 to 21.8 , (b) transition GBs with q
from 23.3 to 30.2 and (c) zigzag (ZZ) GBs with q ranging from 32.2 to 54.3 . GB structures are modelled in clusters of pentagon (red) and heptagon (blue) membered rings as
shown in each of the plots. (A colour version of this ﬁgure can be viewed online.)

where all their AC GBs were identical to ours and their GB
strengths, where the loading angle was zero, are similar as well.
Their ZZ GBs were different in that they did not contain any clustered 5j7j5j7 disclination dipoles. They also compared their ZZ GBs
to ones that were constructed using CSL, which were identical to
our ZZ GBs. Their ZZ GBs were energetically favorable to the CSL ZZ
GBs and had slightly higher strength. However, they did not allow
for out of plane buckling in the z direction in their calculations for
energy, since they were trying to mimic the CVD process, where the
sheets are constrained to grow on the substrates and remain ﬂat.
One study [17] used a trial and error method where they gradually
deposited and removed atoms in the boundary of two patches of
pristine sheets with prescribed grain misorientation and loading
angle and then relaxed the structure. They iterated these steps until
an energy minimum was reached. This leads to much different
atomic arrangement of GB structures then ours shown in Fig. 2, but
similar defect densities. Their studies only investigated the strength
of the GBs when the tensile load was perpendicular to the GB,
which they referred to as GB normal strength.
In order to calculate the stress-strain curves during deformation,
the stress on each individual carbon atom was ﬁrst calculated using
the following equation [23].

U¼

l0 ,w0 ,t
N

(2)

(1)

where l0 is the original length of the sheet, w0 is the original width,
t is the thickness which is assumed to be the interlayer spacing of
graphene in graphite and is 3.35 Å, and N is the total number of
atoms. Every 200 time steps the stress on each atom was computed
and then the average stress over the entire sheet was used to obtain
a spatial average.
The atomic stress induced by a disclination dipole can cause the
corrugation of the graphene locally near the disclination dipole. As
a result, GBs lead to out-of-the-plane ﬂuctuation of the graphene
sheet. As shown in Fig. 3, the overall out-of-the-plane ﬂuctuation of
the graphene sheet decreases as the defect density of the GB increases, which can be attributed to the mutual constraint of out-ofthe-plane ﬂuctuations between neighboring dipole defects.
When the graphene is stretched in the plane, it ﬁrst straightens
the out-of-the-plane ﬂuctuations in the sheet. As shown in Fig. 4a,
such a process results in negligible increase of tensile stress in the
graphene. Once the graphene sheet is stretched taut, further
elongation leads to increasing tensile stress until the ﬁnal fracture
of the sheet. Previous studies observed similar stress-strain
behavior and shifted their curve to the left so that the initial ﬂat
segment of the stress-strain curves is not considered [54]. In this
study we include all segments in the stress-strain curves and deﬁne

where i and j denote the indices in the Cartesian coordinate system,
a and b are the atomic indices, ma and va are the mass and velocity
of atom a, respectively, rab and fab are the distance and force between atoms a and b, respectively, and Ua is the atomic volume of
atom a. The ﬁrst term is the kinetic energy contribution and the
second term is the pairwise energy contribution. The atomic volume is deﬁned as

and l0 is the original length of the graphene sheet. Such a choice of
strain deﬁnition is reasonable to more accurately capture the
ductility of graphene with GBs (the tensile strain upon failure) as
the straightening of the initial out-of-the-plane ﬂuctuation does
contribute to the deformability of graphene with GBs. However, it is
worth to note that, the tensile strength of the graphene GB is nearly
independent of the way the tensile strain is deﬁned, as evident in
Fig. 4.

2

3

X j i
1 1
saij ¼ a 4 ma vai vaj þ
r ab f ab 5
U 2
b¼1;n

0
the strain as ll
, where l is the current length of the deformed sheet
l
0

A. Fox et al. / Carbon 142 (2019) 388e400

391

Fig. 3. Morphology of the graphene sheet with a tilt GB with (a) q ¼ 5.5 , (b) q ¼ 32.2 , (c) q ¼ 50.5 . The top panel shows perspective view, the middle panel shows top view, and
the bottom panel shows the side view of the graphene sheet. Note that the graphene sheet with higher defect density (b) has a relatively smaller out-of-the-plane ﬂuctuation. (A
colour version of this ﬁgure can be viewed online.)

Fig. 4. Stress-strain curves for a graphene sheet with a GB with (a) q ¼ 5.5 , which shows no signiﬁcant increase in stress initially as the GB-induced out of the plane ﬂuctuation in
the graphene is pulled taut, and (b) q ¼ 32.2 , which shows stress increasing as soon as the sheet is stretched, resulting from a rather ﬂat initial morphology of the graphene sheet.
Here the loading angle of 0 for both cases. (A colour version of this ﬁgure can be viewed online.)

Fig. 5a plots the stress-strain curves from representative simulation cases of graphene with a tilt GB subject to tension, in comparison with those of pristine graphene sheets of the same size
subject to tension in the armchair and zigzag directions. The peak
value of stress in each curve is deﬁned as the tensile strength of that
simulation case. Both tensile strength and failure strain of a graphene with a tilt GB are lower than those of a pristine graphene in
either zigzag or armchair directions, a clear evidence of the effect of
GB on mechanical properties of graphene.
Emerging from the comprehensive simulation studies of a graphene GB under arbitrary in-plane tension are three representative
failure modes of the graphene, depending on the GB type and
loading angle. For example, for an AC GB with a misorientation
angle of 8.6 under a loading angle of 30 , it is shown that the
failure initiates from the disclination dipoles, but then propagate in
a direction roughly perpendicular to the tensile loading, resulting in
the cracking of the graphene grain (Fig. 5b). Such a failure mode is
termed as intragranular failure. For a ZZ GB with a misorientation
angle of 46.8 under a loading angle of 10 , the failure initiates from
the disclination dipoles along the GB, and then propagate along the
GB. Such short cracks coalesce and form a long crack to fracture the
graphene along the GB (Fig. 5c). Such a failure mode is termed as
intergranular failure. For the same ZZ GB under a loading angle of
20 , it is shown that an intergranular crack is ﬁrst formed, but it

then deviates from the GB and propagates into the grain in a direction roughly perpendicular to the tension (Fig. 5d). Such a failure
mode is termed transitional failure.
Fig. 6 plots a failure mode map of graphene GBs in the parameter
space of GB misorientation angle and loading angle. Such a map
delineates the holistic characteristics of the tensile failure of graphene GBs. These ﬁndings are crucial in understanding the failure
behavior of polycrystalline graphene, but are missing from previous
studies of graphene GBs in which only a tension perpendicular or
parallel to the GB is considered (f ¼ 0 , only intergranular failure
occurs).
It is shown that for a GB with any misorientation angle, all three
failure modes are possible, depending on the loading direction.
Indeed, intergranular failure only occurs at a small range of loading
angles (less than 10 for most GBs). All the fracture modes for the
0 loading angle are intergranular. As the loading angle increases
the fracture mode changes to transitional and after 40 all fracture
modes occur as intragranular cracking. The fracture mode is mainly
transitional for the GB misorientation angles that have a high defect
density up to the 40 loading angle. While the tensile failure always
initiates from the bond breaking events at the disclination dipole so
that the GB strength is dictated by the critical bond breaking (as to
be further detailed in later sections), it is found that the initial bond
breaking at the disclination dipole further develops and evolves
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Fig. 5. (a) MD simulation results of stress-strain curves for representative cases of pristine as well as polycrystalline graphene under an in-plane tension. The tensile strength
corresponds the peak stress in the curves. The simulation snapshots for three representative failure modes of GBs: (b) intragranular fracture (f ¼ 30 and q ¼ 8.6 ), (c) intergranular
fracture (f ¼ 10 and q ¼ 46.8 ), (d) and transitional fracture (f ¼ 20 and q ¼ 46.8 ). (A colour version of this ﬁgure can be viewed online.)

into various failure modes of graphene GBs, governed by the
interplay between the GB misorientation angle, loading angle as
well as the orientation of the AC or ZZ directions in the graphene
grains. For 0 loading angle, the GB is perpendicular to the loading
direction and coincides with the direction with the maximum
average tensile stress. As a result, the failure mode is always
intergranular fracture, regardless of GB misorientation angle. When
the loading angle is greater than 40 , the GB deviates substantially
from the direction with the maximum average tensile stress (the

direction perpendicular to tensile loading). Therefore, the initial
bond breaking further propagates along the direction perpendicular to tensile loading, instead of further advancing along the GB. As
a result, the failure mode is intragranular fracture. For intermediate
loading angles, it is possible that the initial bond breaking ﬁrst
starts to further propagate along the GB, leads to intergranular
cracks of ﬁnite size. Then such intergranular cracks deviate from GB
and propagate along the direction perpendicular to tensile loading.
As a result, the failure mode is transitional fracture. To further
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Fig. 6. A comprehensive failure mode map of polycrystalline graphene in the parameter space of GB misorientation angle (q) and loading angle (f). (A colour version of this ﬁgure
can be viewed online.)

illustrate the interplay among the three key parameters that govern
the failure mode, Fig. 7 plots two cases and their tensile failure
modes. Both cases correspond to the same loading angle of f ¼ 40 .
When the GB misorientation angle q ¼ 13.2 , it is shown that the ZZ
direction of the bottom grain is about 4 away from the direction
perpendicular to tensile loading. The initial bond breaking at the
disclination dipoles ﬁrst develop into a crack along the GB, then the
two crack tips deviate from the GB and further propagate roughly
perpendicular to the tensile direction, leading to a transitional
fracture mode. While when the GB misorientation angle q ¼ 21.8 ,
the ZZ direction of the bottom grain coincides with the direction
perpendicular to tensile loading. Recent studies have shown that
for pristine graphene it is energetically favorable for failure to occur
along its ZZ or AC directions [48]. As a result, instead of propagating
along the GB, the initial bond breaking further develops into cracks
perpendicular to the tensile loading, leading to an intragranular
fracture mode.
Fig. 8 plots the failure strength of the GB as a function of loading

angle, for all 24 GB conﬁgurations. For comparison, tensile strength
of a pristine graphene sheet as a function of loading angle is also
plotted in Fig. 8d. For AC GBs (Fig. 8a), the variations of failure
strength against loading angle are signiﬁcant and show a similar
trend for all 10 AC GBs, with a minimum failure strength (as low as
53 GPa) always occurring at a loading angle of 30 . For transitional
GBs, there is no common trend of variation of tensile strength
against loading angle, but the overall level of failure strength is
relatively high (about 100 GPa). For ZZ GBs, the lowest failure
strength nearly always occurs at a 0 loading angle (except for the
case of a GB with 32.2 misorientation angle).
When graphene was elongated parallel to the GB (f ¼ 90 ) the
strength of the sheets was all around 100 GPa, which is only slightly
lower than pristine AC or ZZ graphene of around 120 GPa and
140 GPa, respectively. These results were always higher as
compared to when they were pulled perpendicular to the GB
(f ¼ 0 ). This agrees with previous studies done on GBs
[17,23,28,54,56,57,68]. Although the values of q for the GBs in

Fig. 7. (a) Intragranular fracture for f ¼ 40 , q ¼ 13.2 (b) transitional fracture for f ¼ 40 , q ¼ 21.8 . Red line is the direction perpendicular to tensile loading, while the blue line is
the ZZ direction of the bottom grain. (A colour version of this ﬁgure can be viewed online.)
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Fig. 8. The failure strength with errors bars for the standard deviation as a function of loading angle for 25 GB conﬁgurations. (a) AC GBs, (b) transition GBs, (c) ZZ GBs, and d)
pristine (ZZ and AC) graphene. For AC GBs, failure strength is minimum for loading angle of 30 and for ZZ GBs, minimum strength always occurs near loading angle of 0 (except for
the case of ZZ GB with q ¼ 32.2 ). Transition GBs show a higher failure strength (~100GPa) but depicts no trend of strength variation with respect to loading angle. “1dp”, “2dp” and
“3dp” in (a) indicate the number of dipoles present in the AC GBs. (A colour version of this ﬁgure can be viewed online.)

Refs. [17,28] are close to ours, the atomic arrangement of their
atoms are quite different. However, the stress-strain response for
each of these q are similar with that in the present study. It is worth
to note that when f > 45 , the GB spans the horizontal direction of
the simulation model, but not the vertical direction (perpendicular
to tensile loading direction). It is found that the predicted failure
strength from such a simulation model agrees with that from a

longer simulation model in which the GB spans the vertical direction. Therefore, results from the parametric study using the
120 Å  120 Å graphene sheets can reasonably capture the nature of
the GB tensile strength in graphene.
The MD simulations capture the atomistic scale deformation
signatures that govern the failure behaviors of the graphene GBs,
which in turn help understand the origin of the variations of failure
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strength against loading angle shown in Fig. 8. We ﬁnd that the
graphene fracture initiates from bond breaking at the disclination
dipole [69], followed by the coalescence of such defects due to bond
breaking into a long crack, whose further propagation leads to the
failure of the graphene. In other words, the failure strength of the
GB is governed by the bond breaking at the disclination dipole. This
can be further understood as follows. In a pristine graphene,
without external loading in its plane, the carbon-carbon (CeC)
bonds are rather relaxed and stress-free. By contrast, a disclination
dipole in graphene causes distortion of graphene crystal lattice and
thus can generate an intrinsic stress ﬁeld in the graphene, even if
there is no external loading. Such an intrinsic stress ﬁeld decays
with distance from the disclination dipole. Therefore, the resulting
intrinsic stress ﬁeld due to a GB in graphene can be computed by
superimposing the intrinsic stress ﬁeld due to individual disclination dipoles along the GB (as to be discussed in detailed in
Section 4). When the graphene is subject to external tensile
loading, the CeC bond with the highest intrinsic tensile stress fails
ﬁrst and initiates the failure process.
Fig. 9 plots one of the disclination dipoles along an AC GB under
tension. The CeC bond with the highest tensile stress is in the
heptagon of the disclination dipole (highlighted by a red line
segment in Fig. 9a).
Simulation clearly shows that the breaking of this bond opens a
void (Fig. 9b) in graphene, which further propagates and leads to
the failure of the whole graphene (Fig. 9b), which validates the
failure mechanism described above. As shown in Fig. 9c, when the
loading angle of an AC GB is about 30 , the CeC bond with the
highest intrinsic tensile stress is oriented almost along the tensile
loading direction and breaks ﬁrst under tension (Fig. 9d). The
external tensile stress required to break this bond is the lowest
when the loading angle is about 30 . Since all AC GBs are made of
arrays of disclination dipoles, the failure strength of such GBs becomes the lowest under a loading angle of about 30 , as shown in
Fig. 8a.
Fig. 10a plots a double disclination dipole in a ZZ GB. Fig. 10b
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plots the intrinsic stress ﬁeld due to the double disclination dipole,
showing that the highest tensile stress occurs in the horizontal CeC
bond in the end heptagon. Upon a tensile loading perpendicular to
the ZZ GB (f ¼ 0 ), the stress in that bond further increases
(Fig. 10c) until the bond is broken, resulting in an opening that
further propagates to fracture the graphene (Fig. 10d). This also
explains for most ZZ GBs, the lowest failure strength corresponds to
the loading angle of 0 , as shown in Fig. 5c. In the curves for all ZZ
GBs shown in Fig. 9c, it also shows that there exists a local minimum of failure strength at a loading angle of about 50 . This can be
clariﬁed by Fig. 10eeh. At a 50 loading angle, the CeC bond next to
that with highest intrinsic tensile stress aligns approximately in
parallel to the tensile loading direction (Fig. 10e and f). Upon a
tensile loading, the tensile stress in this bond becomes the highest
(Fig. 10g), which eventually causes the bond breaking and further
leads to the failure of the graphene (Fig. 10h).

4. A continuum mechanics model of the strength of AC and
ZZ GBs of graphene
MD simulations reveal that the failure strength of graphene GBs
is governed by the breaking of the CeC bond with the highest
intrinsic tensile stress (termed as the critical CeC bond), as labeled
in Figs. 9a and 10a. A continuum mechanics model based on disclination dipole induced stress ﬁeld can be developed to better
understand the dependence of failure strength of AC and ZZ GBs on
GB misorientation angle. The sheets initially buckle out of plane
and the continuum model is based off ﬂat 2D sheets [27], but the
equations still apply because during the tensile tests the sheets are
pulled ﬂat.
Consider an AC GB made of an array of disclination dipoles [69],
as illustrated in Fig. 11a. For the ith disclination dipole with the
center of its pentagon at A(xiA , yiA ) and the center of its heptagon at
B(xiB , yiB ), the induced stress ﬁeld in the graphene at (x; y) is given
by:

Fig. 9. (a) For an AC GB, the C-C bond with the highest intrinsic tensile stress is in the heptagon of the disclination dipole (highlighted by a red line segment). Under a tensile load
with f ¼ 0 , this bond breaks ﬁrst, opening a void in graphene (b), which further propagates and leads to the failure of the whole graphene. (c) when the loading angle f ¼ 30 , the
critical bond (red) aligns almost parallel to the loading direction and (d) breaks ﬁrst due to the highest initial stress. This explains the strength of AC GBs at a loading angle f ¼ 30 is
always the lowest. (A colour version of this ﬁgure can be viewed online.)
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Fig. 10. (a) For a ZZ GB the highest intrinsic tensile stress occurs in the horizontal C-C bond in the top heptagon of the double disclination dipole (highlighted by a red line segment).
(b) The colored solid circles depict the level of intrinsic stress for each atom. (c) Under an applied tensile load with f ¼ 0 , the stress level further increases. (d) The breaking of the
critical C-C bond opens a void and initiates the failure process of the graphene. This explains why the lowest failure strength for most ZZ GBs is at f ¼ 0 . (e) When f ¼ 50 , the
critical C-C bond aligns approximately parallel to the tensile loading direction (highlighted in red). (f) Stresses in each atom before loading. (g) Upon loading, the tensile stress in this
bond becomes the highest, (h) which eventually causes the bond breaking and further leads to the failure of the graphene. This explains the local minimum at f ¼ 50 in Fig. 5(c) for
ZZ GBs. (A colour version of this ﬁgure can be viewed online.)

Fig. 11. The AC GB (a) is made of an array of periodic pentagon-heptagon disclination dipoles. In (a), A and B indicate the center of the heptagon and pentagon of the ith disclination
dipole. Si is the intrinsic stress at i ¼ 0 due to the ith dipole and n is the unit vector deﬁning the direction of the critical bond. (b) shows the corresponding schematic for a ZZ GB
made of a periodic array of pentagon-heptagon-pentagon-heptagon dipole clusters. (A colour version of this ﬁgure can be viewed online.)
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and

r iA ¼

Denote the directional unit vector of the critical CeC bond in the
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nx
0th disclination dipole as n ¼
. The intrinsic tensile stress in
ny
the critical CeC bond at i ¼ 0 due to the ith disclination dipole is
given by



Si ¼ si ,n n

(7)

Therefore, the failure strength of the AC GB can be given by

sT ¼ s0 

i¼±∞
X

Si

(8)
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i¼±1

and,r iA1 ¼
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2
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2
2 
2
x  xiB2 þ y  yiB2
x  xiA1 þ y  yiA1 ; r iB1 ¼
x  xiB1 þ y  yiB1 and,r iA2
x  xiA2 þ y  yiA2 ,r iB2
(13)

where s0 is a ﬁtting parameter used to ﬁt the calculations to the MD
results and is the strength of the critical CeC bond at i ¼ 0 without
i¼±∞
P
the inﬂuence of other disclination dipoles, and the summation
i¼±1

Si represents the combined effect on the GB strength from all other
disclination dipoles.
The above consideration can also be carried out for a ZZ GB
made of a periodic array of pentagon-heptagon-pentagonheptagon disclination clusters as illustrated in Fig. 11b.
For the ith pentagon-heptagon-pentagon-heptagon disclination
cluster with the centers of its pentagons at A1 (xiA1 , yiA1 ) and A2 (xiA2 ,
yiA2 ) and the center of its heptagons at B1 (xiB1 , yiB1 ) and B2 (xiB2 , yiB2 ),
the induced stress ﬁeld [17,70,71] in the graphene at (x; y) is given
by:

"
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sixx
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sixy
siyy

#
(9)
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Denote the directional unit vector of the critical CeC bond in the
0th pentagon-heptagon-pentagon-heptagon disclination cluster as
 
nx
. The intrinsic tensile stress in the critical CeC bond at
n ¼
ny
i ¼ 0 due to the ith disclination dipole is given by



Si ¼ si ,n ,n;

(14)

where n is the directional unit vector of the critical CeC bond.
Therefore, the failure strength of the ZZ GB can be given by

sT ¼ s0 

i¼±∞
X

Si

(15)

i¼±1

where s0 is a ﬁtting parameter used to ﬁt the calculations to the MD
results and is the strength of the critical CeC bond at i ¼ 0 without
the inﬂuence of other pentagon-heptagon-pentagon-heptagon
i¼±∞
P i
disclination clusters, and the summation
S represents the
i¼±1

combined effect on the GB strength from all other pentagonheptagon-pentagon-heptagon disclination clusters.
In a recent study [27], a similar disclination dipole based continuum mechanics model was used to predict the strength of graphene GB for the case of loading angle of f ¼ 0 . In that study, only
the contribution of sixx in the disclination dipole induced stress
tensor (Eq. (3)) to the critical bond strength is considered. As to be
shown in Section 5, such an approximation leads to a predicted GB
strength with modest but acceptable difference from the results
from MD simulations, for the case of loading angle of f ¼ 0 . By
contrast, the predicted GB strength from the present model
considering the contribution of all components in the disclination
dipole induced stress tensor agrees well with MD simulations.
Furthermore, for the cases of non-zero loading angles (especially
larger loading angles), the previous model with approximation
would not be able to predict the GB strength accurately, however,
the prediction from the present model agrees fairly well with MD
simulation results.
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Fig. 12. The GB failure strength as a function of GB misorientation angle for (a) 0 loading angle, and (b) 30 loading angle. Hollow symbols denote results from MD simulations. The
prediction from the continuum mechanics model (Eqs. (8) and (14)) are shown in solid curve (with 1dp) and solid symbols (2dp and 3dp). In (a), it is evident that predictions from
Eqs. (8) and (14) agree well with the MD results (1dp). Here s0 ¼ 94 GPa. For comparison, the predictions from Ref. [27] (dashed curves) show a modest difference from the MD
results. In (b), it is shown that the continuum model can still give a reasonable prediction of the failure strength of both AC and ZZ GBs, when compared with the MD results. Here,
for 30 loading angle of AC GBs, s0 ¼ 68 GPa. (A colour version of this ﬁgure can be viewed online.)

5. Discussions
Fig. 12 plots failure strength of graphene GB as a function of GB
misorientation angle, for the case of (a) 0 loading angle and (b) 30
loading angle. For the 0 loading angle the results agree very well
with tensile tests on sheets with GBs that have similar misorientation angles in previous studies [17,23,24,27,28,54]. When f ¼ 0 ,
it is shown that for AC GBs made of an array of evenly distributed
pentagon-heptagon dipoles (1dp) and ZZ GBs, the GB strengths
predicted by the continuum mechanics model presented in Section
4 (Eq. (8) for AC GBs and Eq. (14) for ZZ GBs) agree well with the
prediction from the molecular dynamic simulations. For f ¼ 0 , s0
is about 94 GPa for AC GBs and about 51 GPa for ZZ GBs. The
strength of AC GBs made of an arrays of dipole clusters (2dp and
3dp) is generally lower that of 1dp AC GBs. This can be understood
that, 2dp or 3dp leads to an elevated intrinsic tensile stress to the
critical CeC bond due to the smaller spacing between the dipoles in
the dipole clusters, as evident from Fig. 1. In general, the GB
strength increases with increasing GB misorientation angle q for AC
GBs and with decreasing GB misorientation angle q for ZZ GBs. The
GB strength is more sensitive to q for ZZ GBs than for AC GBs. These
trends agree with results from recent studies. Moreover, it is shown
that the present continuum model agrees better with results from
molecular dynamics simulation than the previous approximate
model [27] shown with dashed lines in Fig. 12, since all in plane
stress components, sxx , syy , and sxy , are included in our model.
When f ¼ 30 , it is shown that the general dependence of GB
strength on GB misorientation angle is similar to that when f ¼ 0
(Fig. 12b). The major difference is that, the GB strength becomes

more sensitive to q for AC GBs, but much less sensitive to q for ZZ
GBs. Also, it is shown that the present continuum mechanics model
can predict the GB strength is in good agreement with molecular
dynamics simulations, which is otherwise not possible using the
previous approximate model.
Fig. 13 plots the contour of the strength (a) and the failure strain
(b) of graphene tilt GB in the parameter space of GB misorientation
angle q and loading angle f. This ﬁgure, together with Fig. 4,
summarizes the holistic characteristics of the tensile failure of
graphene tilt GBs.
6. Conclusions
Pristine graphene has a failure strength as high as 130 GPa, but
when defects are present in graphene, its failure strength can be
signiﬁcantly reduced, e.g., as low as 50 GPa with a tilt GB defect. The
polycrystalline nature of commonly used large area graphene
grown via CVD requires a better understanding of the deformation
and failure behavior of graphene GBs in arbitrary in-plane tension,
which is lacking from existing studies. Through a comprehensive
study using molecular dynamics simulations and a continuum
mechanics model, we report the dependence of failure strength of
graphene GBs on both GB misorientation angle and loading angle in
their full spectrum. The systematic molecular dynamics simulation
study also reveals three different failure modes of graphene GBs,
depending on GB misorientation angle and loading angle. In real
polycrystalline graphene samples, the GBs could vary from the ideal
tilt GBs (e.g., slightly more tortuous than a straight tilt GB). Nonetheless, the holistic characteristics of the tensile failure of graphene
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Fig. 13. The contour plots of (a) failure strength and (b) failure strain of graphene GBs
in the parameter space of loading angle and GB misorientation angle. (A colour version
of this ﬁgure can be viewed online.)

GBs from the present study could offer important insight on a
better understanding of the mechanical response of graphene GBs
in real samples under loads, and also shed light on understanding
the GBs in other two-dimensional materials.
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